In this article we prove a theorem that will generalize the concurrence theorems that are leading to the Franke's point, Kariya's point, and to other remarkable points from the triangle geometry.
Theorem 1:
Let ( ) , ,
P α β γ and ', ', '
A B C its projections on the sides , BC CA respectively AB of the triangle ABC .
We consider the points ", ", " 
Proof:
We find that
We have:
AA BB CC are concurrent, we have: 2  2  2  2  2  2  2  2  2  2  2   2  2  2  2  2  2  2  2  2  2 We deduct that: 
As an open problem, we need to determine the set of the points from the plane of the triangle ABC that verify the precedent relations.
We will show that the points I and O verify these relations, proving two theorems that lead to Kariya's point and Franke's point.
Theorem 2 (Kariya -1904)
Let I be the center of the circumscribe circle to triangle ABC and ', ', '
A B C its projections on the sides , ,
BC CA AB . We consider the points ", ", " A B C such that:
AA BB CC are concurrent (the Kariya's point) Proof:
The barycentric coordinates of the point I are , , 2 2 2
Evidently: 
Similarly we find that R Q = and M S = .
It is also verified the second relation from the theorem hypothesis. Therefore the lines ", ", "
AA BB CC are concurrent in a point called the Franke's point.
Remark 1:
It is possible to prove that the Franke's points belong to Euler's line of the triangle ABC .
Theorem 4:
Let a I be the center of the circumscribed circle to the triangle ABC (tangent to the side BC ) and ' AA BB CC are concurrent.
Observation 1:
Similarly, this theorem is proven for the case of b I and c I as centers of the ex-inscribed circles.
